Sakai's theorem that every derivation of a simple C*-algebra is determined by a multiplier is generalized, in the class of separable approximately finite-dimensional C*-algebras, as follows. It is shown that, in such a C*-algebra, any derivation can be approximated arbitrarily closely in norm by a derivation which is determined by a multiplier on a nonzero closed two-sided ideal. It is shown, moreover, that the multiplier may be chosen to have norm bounded by fixed multiple of the norm of the derivation.
1.
Examples constructed in [1] and in [6] show that, if a C*-algebra does not have a minimal closed two-sided ideal, it may have a derivation the restriction of which to no nonzero closed two-sided ideal is determined by a multiplier. Nevertheless, it seems reasonable to expect that the set of such derivations has empty interior. The purpose of this paper is to verify this in a class of C*-algebras which lends itself particularly to technical analysis.
Theorem. Let A be the C*-algebra inductive limit of a sequence of finite-dimensional C*-algebras, and let D be a derivation of A. Then for each e>0 there exist a nonzero closed two-sided ideal I E of A, a multiplier X E of I E such that \\x e \\ ^248||D||, and a derivation D E of A such that \\D-D E \\<^e and D E \I E = zdx E \I E .
The theorem is a consequence of lemmas 2.2 and 3.6 below.
2.
First we shall show that, roughly, a derivation when sufficiently reduced vanishes asymptotically. Proof. By hypothesis there exists an increasing sequence ^c^o--of finite-dimensional sub-C*-algebras of A with union dense in A. It is enough to prove the lemma for D belonging to a dense set of derivations. Therefore, by 2.3 of [3] we may suppose that D\jA k <=. (j A k .
Suppose that the conclusion of the lemma is false. We shall deduce an inequality in contradiction with 2.1.
Choose n = 3, 4 9 ... such that n~l2\\D\\^G, and set n" 1 2||D||=5. We shall now use relations between derivations of an algebra and of a reduced subalgebra, established in [3] , to complement the preceding result. Proof. This is the statement of 4.4 of [3] , except for the estimate of the norm of the multiplier, which can be obtained by examining the construction described in 4.4 of [3] . It is not at all clear though whether I B can be chosen to be essential, i.e., with zero annihilator.
Lemma. Let A be the C*-algebra inductive limit of a sequence of finite-dimensional C*-algebras, let D be a derivation of A, and let e be a projection in A. Suppose that D(eAe)ceAe and that \\D\eAe\\ £ . Denote by I the closed two-sided ideal of A generated by e. Then there exist a derivation D 1 of A and a multiplier z of I such thai
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A related question is whether D E and I E may be chosen so that also the image of D B in A/I E is determined by a multiplier. A weaker requirement is that D E may be chosen so that for some composition series (J a ) of A the derivation of each I x+1 /I y induced by D E is determined by a multiplier.
4.2.
A modification of the techniques of this paper, incorporating the methods of [4] , shows that if an automorphism of a separable approximately finite-dimensional C*-algebra leaves closed two-sided ideals invariant and in each irreducible representation is extendible to the weak closure, then it is approximable arbitrarily closely in norm by an automorphism determined by a multiplier on a nonzero closed two-sided ideal, which may be chosen not to lie in a given proper closed twosided ideal.
It follows that such an automorphism is extendible in any representation to an inner automorphism of the weak closure. (One constructs a composition series in each quotient of which the automorphism is close in norm to an automorphism determined by a multiplier, and applies the theorems of Kadison and Ringrose that an automorphism close in norm to the identity is the exponential of a derivation, and of Sakai and Kadison that a derivation is extendible in any representation to an inner derivation of the weak closure.) This generalizes the implication (iii)=>(ii) of Theorem 3.2 of [4] , to the class of C*-algebras considered, i.e., inductive limits of sequences of finite-dimensional C*-algebras.
